ABSTRACT. A space as described in the title is used to construct counterexamples to several conjectures in the theory of locally convex spaces.
It follows that'B is compact.
Lemma 2. The point p is an isolated point of every compact subset K of dX which contains it.
Proof. Since every continuous real-valued function on X admits a continuous extension to 6X, K n X is a bounded (and closed) subset of X.
Hence it is compact and therefore closed in dX. Then / (H) is uniformly tight, from Proposition 1, and it follows from Lemma 2 that H is uniformly tight. Thus (C (X), ß ) is strong Mackey, but ß0 = ß since X is locally compact.
Properties of (C (X), ß
Since X admits no complete uniform structure (being a proper subset of dX), it is not paracompact, nor does it satisfy the measure-theoretic prop- T such that (C(T), co-op) is complete, but (C(dT), co-op) is not quasicomplete, although closed totally bounded sets in the latter space are compact.
The space X described in this note furnishes a strict topology analogue of Haydon's example. Let E = C (X) and J = ß. Then J " is the topology
There is a natural vector space isomorphism between C (X) and C (dX); because X and OX have the same continuous metric images 117, Theorem 2.4], this correspondence is a topological isomorphism between (C*(X), ßg) and (C*(0X), ße). Since ß0 = ß = ße = ß1 fot OX (Proposition 1), we have an identification between (C (X), ß ) and (C (dX), ß0 
